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PEERA RUTTANEE : STABILITY ANALYSIS OF THREE-PHASE
POWER SYSTEM WITH DC BUS VOLTAGE CONTROL FOR
PARALLELED CONSTANT POWER LOADS. THESIS ADVISOR :

ASST. PROF. KONGPOL AREERAK, Ph.D., 244 PP.

STABILITY ANALYSIS/CONSTANT POWER LOAD/DQ MODELING/
GSSA MODELING/BUCK CONVERTERS/THREE PHASE CONTROLLED

RECTIFIER

The thesis presents the mathematical model of the power system
including three-phase controlled rectifier with paralleled constant power loads
(CPLs). The proposed model is derived by GSSA and DQ methods to provide
the time-invariant model. To achieve a linear time-invariant (LTI) model, the
linearization technique using the first-order term of Taylor’s series expansion is
used. The model is validated by the exact topology model in MATLAB. The
proposed LTI model in the thesis is then used for the stability analysis. Due to
the effect of paralleled CPLs, the dynamic model of the system can be used with
the Eigenvalue’s theorem to predict the unstable point. Moreover, the system
parameters of the testing rig are identified by the artificial intelligent (AI)

method. Finally, a good agreement between theory, simulation, and experiment



is achieved in terms of stability analysis. In addition, the results show that higher

bandwidth of voltage loop control can make the system more stable.
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= YA A < &Y v
n.1 Iﬂitmill ?\1‘1]iliENﬂi$LLﬁﬁHJW‘Iﬁl!‘U‘Uﬂ’J‘Uﬂllulﬂ‘VliJI‘ﬁ‘ﬁﬂlﬂuﬁi‘ﬂil!ﬂﬁﬂwulmﬂﬂﬂﬂ

= =S o
n3dl bifiganiuau
Vs=220; % V, fio aAwnasniemad lihnszuaaduaome
(Vrms)
a 14

alpha=10; % alpha A9 YUIATUIUVOL INTaAMBS (degree)

A 1 9 U
Reg=0.1; % Req A9 AANUATUMUVDIFT1ITI (QQ)

A 1 A o !
Leq=24e-6; % Leq A9 MANNVIHgIUIvaId1ea3 (H)

1 v 1 o o
Ceq=2e-9; % Ceq A9 MGANUszguodsdaias il (F)
A " v Y % dl o

rf=0.01; % rf A9 MR uNU luaamiienivewsnses (Q)
Ldc=50e-3; % Ldc 10 AAUHHE11U9929950509 (H)

A =]
Cdc=500e-6; % Cde Ao MANAUYT2YU09219930504 (F)
W=2*pi*f; % w 1D AAINDVBITZUY (rad /s)
ru=3*w*Leq/pi; % ru A9 AIANUATUNIUYDIYUHADN ()

1 v g
rc=0.01; % re Ao manumumuludunuilizguesnnasnies (Q)
] o v
R=20; %R Ao M I NUMUNHU99sHlaeduuuuLan
d=0.7; % d e Arigdnsmihimavhauveisesutlasiuuuniad
L buck=14.168e-3; % L _buck Ao mMANNmHeNnhveessulasduuuuing
A ] o v o
C=125¢-6; % C fio MANNULTzue999 s asnunuuLian
1 a 4 ' o w

r=atand(w*Leq/Req); % r Ao AyudNALauguesaodeas Wi

Z=sqrt(Req’2+(w*Leq)*2); % Z Ao moufiuauguaseedamad luih
Vout_dc=3*sqrt(3)*sqrt(2)*Vs/pi*(cosd(alpha)) % Vout dc Ao uiqﬁ’mmﬁwﬂ?@

P Total=Vout av*2/(3*R); % P_Total Ao Mad 1ihsuvesIvaa

eaVbus=100; % eaVbus D ARANAINITUAUYDY Vbus
ealampda=100; % ealamda 7B AAANAIAITUAUUDY lamda

es=1e-10; % es 19 AMNANAIAVDINAINAY
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k=0;

A v A ° ' o A 9
% LwaimmuVlﬂlﬂmuﬂmm@mmiwm

while eaVbus>=es & ealampda>=es

if k~=0

du= Vs*cosd(r-lampda(k))/Z - 2*Vbus(k)*cosd(r)/Z;

DU=Vbus(k)*Vs*sind(r-lampda(k))/Z;

dv= Vs*sind(r-lampda(k))/Z - 2*Vbus(k)*sind(r)/Z;

DV=-Vbus(k)*Vs*cosd(r-lampda(k))/Z;

U= Vbus(k)*Vs*cosd(r-lampda(k))/Z - Vbus(k)*2*cosd(r)/Z - P_Total;

V= Vbus(k)*Vs*sind(r-lampda(k))/Z - Vbus(k)"2*sind(r)/Z-P_Total*tand(alpha);

% AUIUANDUVYDI Vbus aZ A 1a8 U 7D Vbus LAy

VAo A

Vbus(k+1)= Vbus(k)- (U*DV-V*DU)/(du*DV-DU*dv),

lampda(k+1)= lampda(k)- (V*du-U*dv)/(du*DV-DU*dv);

% murumaoulnudredmsuseuae ludefiaoum

eaVbus=abs((Vbus(k+1)-Vbus(k))/Vbus(k+1))*100 ;

ealampda=abs((lampda(k+1)-lampda(k))/lampda(k-+1))*100;

V_bus=Vbus(k+1);
L=lampda(k+1);

else

Vbus(k+1)=220;
lampda(k-+1)=0.0001;

end
k=k+1;

end

Lampda=L

% Gli'ﬁ]’s’ff]‘l]ﬁWﬂ?WﬂﬁﬂWﬁ’mﬂl@ﬂﬁW@l@U
<3 '
% INVUATWNAIRAYVUDY Vbus

< '
% INUMNARAYVDY A

o ' o = 9
% MHAUAAINNDULIUAY

% ANAINAIUDI A
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{ I % v d
n.2 Tusunsy weseenszuaauanuuaruau1anil Tnaailuasesulasdununiing

(3

A I
NIUY ’Jﬂ’)‘UﬂiJl!‘U‘UthfJ

Vs=220;

alpha=0;

Req=0.1;

Leq=24e-6;
Ceq=2¢-9;

rf=0.01;

Ldc=50e-3;
Cdc=500e-6;
w=2*pi*f;
ru=3*w*Leq/pi;
rc=0.4;

R=20;

L _buck=14.168e-3;
C=125e-6;
r=atand(w*Leqg/Req);
Z=sqrt(Req"2+(w*Leq)"2);
Vo_star=120;
Kpi=0.6819;
Kii=1948;

Kpv=0.05;

Kiv=20;
P_Total=Vo_star"2/R;
eaVbus=100;
ealampda=100;
es=le-10;

k=0;

% V, fio Awnasniemad lihnszuaaduaome
(mes)
a 14
% alpha 1D YUIAFUIUVE INTAADS (degree)
% Req Ao MANUMUNIUVDIEEAI (Q)
A ' ~ ° '
% Leq A® AANMHNENvesdeds (H)
] 1 o W
% Ceq Ao Adanulszuesaodemasluih (F)
% rf A9 A1AIMUNU IuA M HE1110919930509 (Q)
A Ll d‘ o
% Ldc D AN UEIUIVDINITNTON (H)
=]
% Cdc Ao MAANVU52U9929950504 (F)
% w 10 AININDVDITZUL (rad /s)
% ru o AIAUAUNTUVOIYKADN (Q)
A 1 Y v @
% rc An MANNMUMUTUANADYTZQU091995n503 (Q)
1 o v 7
% R fie A1 InaanNumumMuYesiasiuuian
1 { o @ v
% L _buck fio MANMHLeveesutlasdiuuuuing
A T v & o 4
% C A AAINUTZYUeIITHlaaiuuVIIAn
1 a o 1 o w
% r flo Ayuduitaugvasmedaias lWih
1A 4 1 o w
% Z fio AoNfiuauFuesseaaraa i

o s o v o
% Vo_star ﬁamqﬂmmmwmamwmﬂmwmmumﬂ

% maa Iihsawveslvan

% caVbus 10 AMANGIAIGUAUVDL Vbus
% ealamda Ao ?iﬂﬂwamﬁué’fumm lamda
% es D AMAANAIAYDINAINAY

A v A ° ' o A 9
% L‘WﬂmﬁauVlﬂlﬂmuﬂmm@mmiwm
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while eaVbus>=es & ealampda>=es

if k~=0
du= Vs*cosd(r-lampda(k))/Z - 2*Vbus(k)*cosd(r)/Z;
DU=Vbus(k)*Vs*sind(r-lampda(k))/Z;
dv= Vs*sind(r-lampda(k))/Z - 2*Vbus(k)*sind(r)/Z;

DV=-Vbus(k)*Vs*cosd(r-lampda(k))/Z;

U= Vbus(k)*Vs*cosd(r-lampda(k))/Z - Vbus(k)*2*cosd(r)/Z - (P_Total+(Idc_0(k)"2*rf))/3;
V= Vbus(k)*Vs*sind(r-lampda(k))/Z - Vbus(k)"2*sind(r)/Z-
(P_Total+(Idc_0(k)"2*rf))*tand(alpha)/3;

% MUIUAIADLYDI Vbus 1Az A 108 U AD Vbus LAY

Ve A
Vbus(k+1)= Vbus(k)- (U*DV-V*DU)/(du*DV-DU*dv);
lampda(k+1)= lampda(k)- (V*du-U*dv)/(du*DV-DU*dv);

% murnmaonInialedmsuseuas lidremiaoum
eaVbus=abs((Vbus(k+1)-Vbus(k))/Vbus(k+1))*100 ;
ealampda=abs((lampda(k+1)-lampda(k))/lampda(k-+1))*100;

% ﬁi’]ﬂﬁ@’l]fhﬂ'ﬂua@wa'lﬂsll'ﬂ\‘]?h@lﬂﬂ
V_bus=Vbus(k+1); % INUAHAINABYDY Vbus
L=lampda(k+1); % IHUMHAmasYed A
Idc_0(k+1)=(pi/sqrt(6))*abs((Vs-(Vbus(k+1)*cosd(lampda(k—+1))-
i*sind(lampda(k+1))))/Z*(cosd(r)-i*sind(r))) ;
Vdc_0=3*sqrt(3)*(sqrt(2)*Vbus(k+1)*cosd(alpha)/pi)-(3*Leq*w)*Idc_0(k+1)/pi-
rf*Idc_0(k+1)
else
Vbus(k+1)=220;
lampda(k-+1)=0.0001;

Idc 0(k+1)=0;
% MMuAmMzuAY

end
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k=k+1;
end
Lampda=L % AINAIRAIVDY A
Vbus=V_bus % AINAINABYDY Vbus
1 A [ Y o o v J
Vo _0=Vo_star % mnaiussau Iiiuerdwavesrsesulasiunuiinn
IL_0=Vo O/R % masnnszua Iiha Tvarmudamilenivessasutlas
@ 4
AULULTIAN
. 1 A o Y [ Y
Xv_0=IL_0/Kiv % masigulsaouzvosdaniuguussau luihvesases
v v J
NI IGH
. .o ' d’w % 9
Xi_0=Vo_0/(Kii*Vdc_0) % masiaalsaniuzaesdinugunszud Tuihvesases

% v J
IERIRINGH
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IS (g

0.3 Tdsunsu raesidesnszuaaulaunuaivan’ld asalliddauguid Tvaailu

e lWihnedn

Vs=220;

alpha=0;

Req=0.1;

Leq=24e-6;
Ceq=2¢-9;

rf=0.01;

w=2*pi*f;
ru=3*w*Leq/pi;
rc=0.1;
r=atand(w*Leqg/Req);

Z=sqrt(Req"2+(w*Leq)"2);

for P=0:1:20
eaVbus=100;
ealampda=100;
es=le-10;

k=0;

% V, fio Awnasniemad lihnseuaaduaomle
(mes)

A a 14
% alpha 1D YUIAFUIUVE INTAADS (degree)
% Req Ao MANUMUNIUVDIEEAI (Q)

A A ° '
% Leq Aiv AAMHLeN1veseeds (H)
] 1 o o
% Ceq Ao Adanulszuesaodemasluih (F)
% rf A9 A1AIMUNU IuA M HE1110919930509 (Q)
% w 1D AIANNDVBITZUL (rad /s)
% ru A9 AIANUATUNTUVDIYUNADY (Q)
A [ Y v @

% rc Ao AANNAUMUTuANIDYT2 910929950509 (Q)

1 a 4 J o w
% Ao AUBNALAUEYDIaaaemaa luih

1 a 4 1 o w
%Z ﬁi’] mmJﬁxmuwmmammaﬂﬂ%

o Smuamsalaoumnla Tnaamaa Inihaem
% caVbus Ao MAANAIAIUAUVDI Vbus

% calamda Aip AMAANAIAGUAUVDL lamda

% es A9 AMNANAIAVDINAINAY

% e i ou lusruaais uau

while eaVbus>=es & ealampda>=es

if k~=0

du= Vs*cosd(r-lampda(k))/Z - 2*Vbus(k)*cosd(r)/Z;

DU=Vbus(k)*Vs*sind(r-lampda(k))/Z;

dv= Vs*sind(r-lampda(k))/Z - 2*Vbus(k)*sind(r)/Z;

DV=-Vbus(k)*Vs*cosd(r-lampda(k))/Z;
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U= Vbus(k)*Vs*cosd(r-lampda(k))/Z - Vbus(k)*2*cosd(r)/Z -
(P*10"3+(Idc_O(P+1)"2%*rf))/3;

V= Vbus(k)*Vs*sind(r-lampda(k))/Z - Vbus(k)"2*sind(r)/Z-
(P*10"3+(Idc_0(P+1)"2*rf))*tand(alpha)/3;

% MUIUMAOVYDI Vbus Loz A 1ag U A Vbus LAz

Vo A
Vbus(k+1)= Vbus(k)- (U*DV-V*DU)/(du*DV-DU*dv);
lampda(k+1)= lampda(k)- (V*du-U*dv)/(du*DV-DU*dv);

% muramaon Inidrsdmsusevae lidremaeuim
eaVbus=abs((Vbus(k+1)-Vbus(k))/Vbus(k+1))*100 ;
ealampda=abs((lampda(k+1)-lampda(k))/lampda(k+1))*100;

% AINABVAINNUAANAIAVDIA IO
V_bus(P+1)=Vbus(k+1); % HUAHAMATUBY V, Tuseumssuiai P

bus

L(P+1)=lampda(k+1); % numEamasued 4 luseumsmuiain P

Idc_0(P+1)=(pi/sqrt(6))*abs((Vs-(Vbus(k+1)*cosd(lampda(k+1))-
i*sind(lampda(k+1))))/Z*(cosd(r)-i*sind(r)));

Vdc_0(P+1)=3*sqrt(3)*(sqrt(2)*Vbus(k+1)*cosd(alpha)/pi)-(3*Leq*w)*Idc_0(P+1)/pi-
rf*Idc_0(P+1)

else
Vbus(k+1)=220;
lampda(k-+1)=0.0001;
Idc_0(P+1)=0;
end

3 o A g9
% MAUAANDULINUAU
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k=k+1;
end
N(P+1)=P; % 1HUA P U9I50UNMIAIUIA
P=P+1

end

subplot(3,1,1)
plot(N,V_bus,"*')

grid on

title('220 V,50 Hz, Alpha = 0 degree")
ylabel('V_b u s(V_r m s))
subplot(3,1,2)
plot(N,Vdc_0,'*")

grid on

ylabel("V_d c(V)")
subplot(3,1,3)

plot(N,L,"*")
ylabel('lamda(degree)')
xlabel('P_C P _L(kW)")

grid on

% AN IHaman
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(3

n4 Tsunsy 2sasFosnszuaaudanuuaiuaula nsailidanuguuuui lenii Tnaa

Aumda e
Vs=220; % V, fio Awnasniemad lihnszuaaduaome
(mes)
. = a 4
W=2*pi*50; % alpha 1D YUIABUIUVE INTAIADS (degree)
A 1 9 U
Req=0.15; % Req A0 AIAIINAIUNIUVDIE DTS (Q)
Leq=30*107(-6); % Leq Av AAMHLeN1veseeds (H)
Ceq=2*10"(-9); % Ceq Ain MANNszaVesmadamaaluih (F)
rf=0.01; % rf A9 A1AIMUNU IuA M HE1110919930509 (Q)
Ldc=50*107(-3); % Ldc 19 AMANNHHE211U9429950599 (H)
Cdc=500*107(-6); % Cde Ao AFAAUYTZ9U9929950509 (F)
ru=3*Leq*w/pi; % ru D AIAWATUNIUVOIYUKADN (Q)
r=atand(w*Leq/Req); % r fio AyuduinauFveImodaias luih

z=sqrt(Req 2+(w*Leq)™2); %z Ao mpuiiuauguasagdaraa lnih

Vo_command=500; % Vo_command 719 u53a1 TW#18198

Vo=Vo_command; % Vo o nseauluiluerdna

for P=0:1:20 % smuamsilasunlasTnaamaa iihasdnn o w i
1000 W

eaV_bus=100; % caVbus A8 MAANGIAGTUAUVBI Vbus

ealamda=100; % ealamda Ao ?iﬂﬂwamﬁué’fumm lamda

es=5e-10; % es fiD ATAANAIAVDINALRAY

k=0; % 1o 1o lufuuamisudu

while eaV_bus>=es & ealamda>=es

if k~=0

du= Vs*cosd(r-lamda(k))/z - 2*V_bus(k)*cosd(r)/z;
DU=V_bus(k)*Vs*sind(r-lamda(k))/z;
s1=Vo0*0.4275/V_bus(k);

s2=secd(acosd(s1))"2;
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$3=0.18275*V0"2/V_bus(k)"2;

s4=0.4275*Vo/V_bus(k)"2;
dv= Vs*sind(r-lamda(k))/z - 2*V_bus(k)*sind(r)/z-s2*1/sqrt(1-s3)*s4;
DV=-V_bus(k)*Vs*cosd(r-lamda(k))/z;

U=V _bus(k)*Vs*cosd(r-lamda(k))/z - V_bus(k)"2*cosd(r)/z - (P*10"3+Idc(P+1)"2*rf)/3;

V=V _bus(k)*Vs*sind(r-lamda(k))/z - V_bus(k)"2*sind(r)/z-
(P*tand(acosd(0.4275*Vo/V_bus(k))))/3;

% MUIUAADLYDI Vbus 1Az A 10 U AD Vbus LAY

Ve A
V_bus(k+1)=V_bus(k)- (U*DV-V*DU)/(du*DV-DU*dv);
lamda(k+1)= lamda(k)- (V*du-U*dv)/(du*DV-DU*dv);

% muramaon Tnidrodmsusevas lidremaeuim
eaV_bus=abs((V_bus(k+1)-V_bus(k))/V_bus(k+1))*100 ;
ealamda=abs((lamda(k+1)-lamda(k))/lamda(k+1))*100;

% Gl‘i’Jﬂfff@“ﬂﬁWﬂ?TNﬁ@Wﬁ’lﬂﬂl@\‘]ﬁW@l@U

Vbus(P+1)=V_bus(k+1); % ifumwamasyes V. luseumsmuiui P

bus
Lamda(P+1)=lamda(k+1); % fumnamasves 2 luseumsmuiaii P
Alpha(P+1)=aco0sd(0.4275*Vo/V_bus(k+1));

% mumHamasues o useumssuud P
A=Vs-V_bus(k+1)*(cosd(lamda(k-+1))-i*sind(lamda(k+1)));

B=z*(cosd(r)+i*sind(r));
Idc(P+1)=(pi/(sqrt(6)))*abs(A/B);

else
V_bus(k+1)=220;
lamda(k+1)=0.0001;
Idc(P+1)=0;

end

3 3 A g9
% MAUAANDULTUAU




210

k=k+1;
end
N(P+1)=P; % 1AUA P U9I50UNMIAIUIA
P=P+1
end
subplot(3,1,1)
plot(N,Vbus,".")
hold on
grid on
title("Vdc_ commad = 500 V")
ylabel('V_b u s(V_r m s))
subplot(3,1,2)
plot(N,Alpha,'.")
hold on
grid on
ylabel('Alpha(V)')
subplot(3,1,3)
plot(N,Lamda,'.")
ylabel('lamda(degree)')
xlabel('P_C_P_L(W)")
hold on
grid

% ugaaniamamagyes V, . o uag 1
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Port A (PA7..PAO)

v
a

& < s o a .. . as
NoIN A Lﬂu"l@/T@W@iﬁLLUUTIN1U 2 NANN (bi-directional I/O pOI‘t) YUIR 8 UA mu3Q%sma

@ [l A 9 3 a =i o I 4 9 ?x’; a J 4
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Y @ aa 4 J
4.1 Tdsupsumsas nduauaIneanuesa AVR ulﬂjﬂﬁﬂ@uiﬂﬁala@i

g 9

intCs =8: % MnuUANDS AR AN 8
int SCK = 9; % ruANDI AR AT 9
int SDI = 10; % frUANDIARIARANN 10
int LDAC = 11; % MAUAND IARIADa R 11
int SHDN = 12; % HuANDInAIADaNY 12

void Write. MCP4922(unsigned char DAC_Channel,unsigned int DAC Data)
v o @ aa I <
% Mansumsmanlasdyanaanoaiiusuiaen
{digital Write(CS, LOW);

switch (DAC_Channel)

case 0x00: DAC_Data |= 0x3000;

break;

case 0x01: DAC_Data |= 0xB000;

break; }

shiftOut(SDI, SCK, MSBFIRST,(DAC_Data >> 8)& 0xFF);

shiftOut(SDI, SCK, MSBFIRST,DAC Data & 0xFF);




220

digitalWrite(CS, HIGH);

digitalWrite(LDAC, LOW);

digitalWrite(LDAC, HIGH); }

void setup()

pinMode(CS, OUTPUT);

pinMode(SCK, OUTPUT);

pinMode(SDI, OUTPUT);

pinMode(LDAC, OUTPUT);

pinMode(SHDN, OUTPUT);

digitalWrite(CS, HIGH);

digitalWrite(SCK, LOW);

digitalWrite(SDI, LOW);

digitalWrite(LDAC, HIGH);

digitalWrite(SHDN, HIGH);

void loop()

Write MCP4922(0,0);

while(1);

Jo o J o
% WINTFUMHUANDTANITTNY

Jd o [ v
% Wangsulumsmauman

[

<3
% dyaeulasndn 0V, -5V,

g 9

o J v .
% 191U TUWINFU void loop() AaDALIAT
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Y]

Y (% ~ ) [ o Aaa =)
3.2 Iﬂiuﬂiuﬂﬁﬁﬂ\‘]ﬁﬂﬂ’J‘UﬂmL‘U‘UW1@ﬁ1ﬁiﬂﬂﬁﬂﬂhlliﬂﬂuﬂﬂ% HUDIWVTLIYINTSLIE

alauuuaiugula
#include<avr/io.h>
#include<avr/interrupt.h>
#include<compat/deprecated.h>
%%%% THUANDSAATNDA %%%%
intCS =8§;

int SCK =09;

int SDI = 10;

int LDAC=11;

int SHDN = 12;

void Write. MCP4922(unsigned char DAC_Channel,unsigned int DAC_Data)

{digital Write(CS, LOW);
switch (DAC_Channel){
case 0x00:

DAC Data |= 0x3000;
break;

case 0x01:

DAC_Data |= 0xB000;

break; }
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shiftOut(SDI, SCK, MSBFIRST,(DAC_Data >> 8)& 0xFF);

shiftOut(SDI, SCK, MSBFIRST,DAC Data & 0xFF);

digitalWrite(CS, HIGH);

digitalWrite(LDAC, LOW);

digitalWrite(LDAC, HIGH); }

void setup() {

pinMode(CS, OUTPUT);

pinMode(SCK, OUTPUT);

pinMode(SDI, OUTPUT);

pinMode(LDAC, OUTPUT);

pinMode(SHDN, OUTPUT);

digitalWrite(CS, HIGH);

digital Write(SCK, LOW);

digitalWrite(SDI, LOW);

digitalWrite(LDAC, HIGH);

digitalWrite(SHDN, HIGH); }

float setpoint=40.0;

float err_v=0,Upv,Uiv,Uiv_1=0,Upi_v;

° a s o { da &
%%%% ﬂ1ﬁuﬂWTiuJW]fJﬁ"ll’fNQﬂL!ﬁiﬂuhl1/‘li’;\l1ﬁllﬂuﬂﬁﬂﬂ . = 2 x8 rad /s %%%%

float kiv2=0.5912;

float kpv2=0.0188;

Jd o ° 4 o
% WanFulumsmvuaneian1snianu

° v 9 Aa Y a Y J aa
% NMUUALITIAUDWNOIUUADUTIAULD IO NAAY
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%%%% tuamaimesvesgunszua I fiuuudion o =27x50 rad/s %%%%
float err_i=0,Upi,Uii,Uii_1=0,Upi i,

float kpi2=18.3801;

float kii2=3721;

int Upi_max=4095,Upi_min=0;

float Ts=0.001; % MUUANIFNAIEY

. o J <3 14 @ Y A a
int voltage_sensor = 1; % Mruaneinoaenyuaesussau Iiihanu 1
. o J < 4 Y A a
int current_sensor = 0; % MUUANDIADUIAB A UIEDSATZIE TN ANY 0

float Read Voltage=0,Read Current=0;
float V1=0,V2=0,11=0,12=0;
void loop() { % gulandumsinauman
while(1) { 9% [oulymIminuaasaal
Read_Voltage=analogRead(voltage sensor);
] ] 4 o Y

% aruaInsUesusaay Trlih
Read Current=analogRead(current _sensor);

% BuANEuEe s nseua Wi

Y I @ aa

V1=((Read Voltage)*5/1023);% taslilluaiavainea
T1=((Read_Current)*5/1023); % wilaal¥iiludravivnea
2=11%2.5; % USuien 1 1dnszua lWihaese

V2=V1*50; % USumen 1w 1dus sau Tulihaas
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%%%% Wggiuseau Ifhvesdniuguiile %%%
err_v=setpoint-V2;

Upv=kpv2*err_v;

Uiv=(kiv2*Ts*err v)+Uiv_1;

Uiv_1=Uiyv;

Upi_v=(Upv+Uiv)*-1;

if(Upi_v>=Upi_max) {

Upi_v=Upi_max; }

else if (Upi_v<=Upi_min) {

Upi_v=Upi_min; }

%%%% 1ingaunszud Iihuesinauauiile %%%%
err_i=Upi_v-12;

Upi=kpi2*err i,

Uii=(kii2*Ts*err_i)+Uii_1;

Uii_1=Uii;

Upi_i=(Upi+Uii)*1;

if(Upi_i>=Upi_max) {

Upi_i=Upi_max; }

else if (Upi_i<=Upi_min) {

Upi_i=Upi_min; }

. . .. Voo <
Write. MCP4922(0,int(Upi_1)); }} % ANAUUIUDUIADN

g
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(J ) [ v 14 @
1.3 Tsunsumsadedmmuguuuuit ledmSuniuguussaueranavoageii

upuian

#include<avr/io.h>

int EN =11;

void setup()

{%%%% Mviua Tnuams a3 wdyaia PWM %%%%
pinMode(EN, OUTPUT);

TCCRI1A = (1<<COMI1A1)|(1<<COMI1A1);

TCCRIA |= (1<<COM1B1)|(1<<COMI1B1);

TCCRI1B = (1<<WGM13)|(0<<WGM12);

TCCRIA |= (0<<WGM11)|(0<<WGM10);

TCCRIB [= (0<<CS12)|(0<<CS11)|(1<<CS10);

ICR1 = 800;

OCRI1B=0;

OCRI1A = 8*duty cycle;

TCNT1=0;}

float setpoint=0;

%%%% fmuanslines voguus e T %%
float err_v=0,Upv,Uiv,Uiv_1=0,Upi_v;

float kiv2=20; float kpv2=0.05;
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%%%% A ines vesgunszie i %% %%
float err_i=0,Upi,Uii,Uii_1=0,Upi i,
float kpi2=3.41;

float kii2=48645;

float Ts=0.00025; % MUUAAFNAIOU

. ° J < 14 @ Y A a
int voltage sensor = 1; % Mvuaneinoaenuaesusau Iiihanu 1
. ° s < o Y A a
int current_sensor = 0; % MruaNeIneuIaenuyesnszua IWihnau o

o (J (% [ 14 1A [ Y
%%%% mmuaa s udyanunga U SUAUTUAUNIND 0 %%%%%
float Read Voltage=0,Read Current=0;

float V1=0,V2=0,11=0,12=0;

void loop(){ % Wandugilmsinam
setpoint=20;
while(1){ % oulumsmauaasana

Read Voltage=analogRead(voltage sensor);

Read Current=analogRead(current_sensor);

V1 = ((Read_Voltage)*5/1023);

I1= ((Read Current)*5/1023);

12=11*2.5;

V2=V1*52;
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%%%% 1Wggiusan Trihvesdrniuguitle %%%%%
err_v=setpoint-V2;

Upv=kpv2*err_v;

Uiv=(kiv2*Ts*err v)+Uiv_1;

Uiv_1=Uiyv;

Upi_v=(Upv+Uiv);

Upi_v=constrain(Upi_v,0,5);

Upi_v=map(Upi_v,0,5,0,5);

%%%% 1ngainszud Irlihwesdnuauiile %%%%%
err_i=Upi_v-12;

Upi=kpi2*err _i;

Uii=(kii2*Ts*err_i)+Uii_1;

Uii_1=Uii;

Upi_i=(Upi+Uii)*1;

Upi_i=constrain(Upi_i,0,800);
Upi_i=map(Upi_i,0,800,0,800);

OCR1A=Upi_i; % aaa1 PWM Tdanui 11
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9 o 9 14 4
1.4 Tlsunsumsaddyaa PWM megauoia AVR lulasaouInsaes
#include<avr/io.h>

int EN = 11; % muualinun 11 dwsvaiudyna PWM

v
a U

int duty_cycle = 0; % thmualdSgsnsniiisuia i o
void setup()

{%%%% Mviua Tnuams a3 wdyaia PWM %%%%

pinMode(EN, OUTPUT);

TCCRIA = (1<<COMI1A1)|(1<<COM1A1);

TCCRIA |= (1<<COMIB1)|(1<<COM1B1);

TCCR1B = (1<<WGM13)|(0<<WGM12);

TCCRIA |= (0<<WGM11)|(0<<WGM10);

TCCRIB |= (0<<CS12)|(0<<CS11)|(1<<CS10);

ICR1 = 800;

OCR1B=0;

OCRIA=0

TCNT1=0;}

Void loop(){

{duty_cycle =10; % thmualdarigmiitaumsy 10 %

OCR1A=duty cycle*8;




HNNANUIN

IsManageuIInslvdunseau liihuaznszualnih



230

Aas Y] @ 9,
2.1 'J‘.ﬁﬂ13“VIﬂﬁ@ﬂ?ﬂfﬂﬁﬁiﬂﬂﬂﬂllﬁﬂﬂquWW

]
=

dmspIsmsnadeuesastuusau llihzuaasmsaodees 13uuni 6 31

6.26

A [ o 9 Yo A &
ﬁnﬂgﬂ‘ﬂ 6.26 Naﬂ"ITV]ﬂﬁ’f)']J'Nfl]5@]3'Jﬁ]i]'].ILLiQﬂullwwulﬁﬂﬂllﬂﬂﬂﬁ"li"lﬁﬂ 9.1 YINDNTT

]
=

nadou9vsaTsunseau lihamnsnii lundeans i laaesdn 0.1

Rl

A @ [ 9
M13719N 9.1 Wafﬂiﬂﬂﬁ@ﬂﬁﬂﬂiﬁﬁ?%ﬁ]ﬂllﬁ\?ﬂquWW

usean lWihas (v) PN UIEDS (V)
0 0.03
5 0.101
10 0.207
15 0.304
20 0.408
25 0.510
30 0.608
35 0.709
40 0.807
45 0.908
50 1.006
55 1.108
60 1.209
65 1307
70 1.403
75 1.504
80 1.604
85 1.702
90 1.803
95 1.903

100 2.007
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Averaging Model of a Three-Phase Controlled
Rectifier Feeding an Uncontrolled
Buck Converter

P. Ruttanee, K-N. Arcerak , and K-L. Areerak

Abstract—Dynamic models of power converters are normally
time-varying because of their switching actions. Several approaches
are applied to analyze the power converters to achieve the time-
invariant models suitable for system analysis and design via the
classical control theory. The paper presents how to derive dynamic
models of the power system consisting of a three-phase controlled
rectifier feeding an uncontrolled buck converter by using the
combination between the well known techniques called the DQ and
the generalized state-space averaging methods. The intensive time-
domain simulations of the exact topology model are used to support
the accuracies of the reported model. The results show that the
proposed model can provide good accuracies in both transient and
steady-state responses.

Keywords—DQ method, Generalized state-space averaging
method, Three-phase controlled rectifier, Uncontrolled buck
converter, Averaging model, Modeling, Simulation.

I. IntrRODUCTION

OWER converters are widely used in many applications.

The dynamic model of the system including the power

electronic converter is very important for system design
and analysis. It is well known that the power converter models
are time-varying because of their switching behavior. Several
approaches are commonly used for eliminating the switching
actions to achieve time-invariant model based on averaging
models. Then, the classical linear control theory can be easily
applied to the model for a system analysis and design.

The first method is the generalized state-space averaging
(GSSA) modeling method. This method has been used to
analyze many power converters in DC distribution systems
[1], as well as uncontrolled and controlled rectifiers in single-
phase AC distribution systems [2] and 6- and 12- pulse diode
rectifiers in three phase systems [3]. The second is an average-
value (AV) modeling method, which has been used for 6- and
12- pulse diode rectifiers in many publications [4], as well as
generators with line-commutated rectifiers [5]. These rectifiers

P Ruttanee, master student in electrical engineering, PEMC research group,
School of Electrical Engineering, Suranaree University of Technology
Nakhon Ratchasima, 30000, THAILAND.

"K-N. Areerak, lecturer, PEMC research group, School of Electrical
Engineering, Suranaree University of Technology, Nakhon Ratchasima,
30000, THAILAND (¢ ing author: asut.ac.th)

K-L. Arcerak, lecturer, PEMC research group, School of Electrical
Engineering, Suranaree University of Technology, Nakhon Ratchasima,
30000, THAILAND.

can be modeled with good accuracy as a constant DC voltage
source. However, this method is not easily applicable to
analyze the general AC power system with multi-converter
power electronic systems. Another technique widely used for
AC system analysis is that of DQ-transformation theory [6-8],
in which power converters can be treated as transformers. The
resulting converter models can be easily combined with
models of other power elements expressed in terms of
synchronously rotating frames such as generators, front-end
converters, and vector-controlled drives. The DQ models of
three-phase AC-DC power systems have been reported in the
previous works for stability studies of the power system
including a constant power load (CPL) [9]-[11]. The DQ
method for modeling the three-phase uncontrolled and
controlled rectifier has been reported in [9] and [I12].
respectively.

From the literature reviews, this paper presents the
combination between the DQ modeling approach and the
GSSA modeling method to derive the dynamic model of a
controlled three-phase rectifier feeding an uncontrolled buck
converter. According to the advantages of DQ and GSSA
methods, the DQ method is selected to analyze the controlled
three-phase rectifier including the transmission line
components on AC side, while the GSSA method is used to
analyze the buck converter. The proposed model is validated
by the intensive time-domain simulation via the exact
topology model of the commercial software package. The
results show that the proposed mathematical models provide
high accuracies in both transient and steady-state responses.
Hence, the reported model is suitable for the system analysis
and design via the classical control theory.

The paper is structured as follows. The power system
considered is explained in Section II. In Section III, deriving
the dynamic model of a controlled three-phase rectifier
feeding a buck converter using the combination between DQ
and GSSA methods is fully described. In Section IV, the
model validation using the intensive-time domain simulation
of the exact topology model is illustrated. Finally, Section V
concludes and discusses the advantages of the DQ and GSSA
modeling methods to derive the model of the power electronic
system.

I1. POWER SYSTEM DEFINITION AND ASSUMPTIONS

The studied power system in the paper is depicted in Fig. 1.
It consists of a balanced three-phase voltage source,

transmission line represented by R,,. L.,. and C,,, three-phase
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Fig. | The considered power system

controlled rectifier, and DC-link filters shown by elements r;,
Ly, r. (ESR) and Cy, feeding an uncontrolled buck converter.
It is assumed that the controlled rectifier and the buck
converter are operated under a continuous conduction mode
(CCM) and the higher harmonics of the fundamental are
neglected. £, and V. are the output terminal voltage of a
controlled rectifier and the voltage across the DC-link
capacitor C,,, respectively. A phase shift between the source
bus and the AC bus is A as shown in Fig. 1.

The set of system parameters for the power system of Fig. |
is given in Table .

TABLE I

PARAMETERS OF THE SYSTEM IN FIG. 1
Parameter Value
v 220 Vimgphase
w 2x50 rad/s
Rey 0.1Q
jo 24 uH
G 2nF
r 0.01Q
e 0.01 Q
Lo (Al £ 1.5 A) 50 mH
Coe (AV;. < 50V) 500 pF
L (AL <05A) 14.168 mH
c (AV, < 50mv) 125 uF
R 200

I1I. DERIVING DYNAMIC MODELS

In the paper, the DQ method is used to analyze the three-
phase controlled rectifier, while the GSSA approach is applied
to eliminate the switching action of the buck converter. The
details how to derive the dynamic model of the considered
system in Fig.1 are fully explained in this section.

346

A. DQ method

The DQ modeling method is selected to derive the dynamic
model of a three-phase controlled rectifier in which such
rectifier can be treated as a transformer. According to Fig. 1,
The effect of L., on the AC side causes an overlap angle g in
the output waveforms that causes as a commutation voltage
drop. This drop can be represented as a variable resistance 7,
that is located on the DC side [13] as shown in Fig. 2. The r,
can be calculated by:

3wl
r= —

“

(1)

T

where @ is the source frequency.

Vhl.‘v,{r

Vi

bus, b

LLM.S" C

Fig. 2 Three-phase controlled rectifier with the overlap angle
resistance

It can be seen from Fig. 2 that E,,; represents the output
voltage from the switching signal without an overlap angle
effect, while E,. represents the voltage at the rectifier output
terminal taking onto account the voltage drop effect. Since the
commutation effect has been moved on to the DC side, the
switching signals for three-phase controlled rectifier can be
applied without considering the effect of overlap angle. This is
show in Fig. 3 in which « is the firing angle of thyristors.
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Fig. 3 The switching functions of three-phase controlled rectifier

The switching function of S, in Fig. 3 can be expressed by
a Fourier series. In this paper, neglecting the harmonics of the
power system, the switching functions can be written for three
phases as:

1
SiheE m—;l[sin(mm) sin((uf—z—;rw) sin(ew J+%r+wz)} (2)

where ¢ is a phase angle of the AC bus voltage and « is the
firing angle.

The relationship between input and output terminal of
controlled rectifier is given by:

Liabe = Sanel (3)
Edcl = S:hc Vbus.abc (4)

It can be seen from (3) that the fundamental input current is
in phase with the switching signals. In addition, for a
controlled rectifier, the fundamental input current lags the
fundamental input voltage by o [13]. Equations (2)-(4) will be
used to derive the model of controlled rectifier by using DQ
modeling method as follows:

Firstly, the controlled rectifier is transformed into a two axis
frame (DQ frame) rotating at the system frequency @ by
means of:

5 cos(@(r)) cos(drt) — 2{ ) cos(@t) + 2—: )

T[6m]=,~ 5 2 ®)
3 —sin(?(t)) —sin(O() — ?) —sin(0(1) +€)
where g(t) = wt — %‘F &
Combining equations (3)-(5) results in:
Ldq = Saglac (6)
Ep= Squths,dq W]

Secondly, the switching functions in (2) can be transformed
into a DQ frame by means of (5) to give:

347

s,,qz‘g -z—ﬁ[cos(ﬂ—‘ﬁﬂz) —sin(g—g+e)]  8)
T

The vector diagram for the DQ transformation is as shown
in Figure 4 where V; is the peak amplitude phase voltage, /;, is
the peak amplitude current, ¥}, is the peak amplitude AC bus
voltage, and S is peak amplitude of the switching signal, here

equal to Zﬁ/ﬂ as shown in (2).

/A

I in

and S
d

d
5
Fig. 4 The vector diagram for the DQ method

From (6)-(8), the controlled rectifier can be easily
represented as a transformer having d and g-axis transformer
ratio Sy, 5, that depend on the phase of the DQ frame (¢;), the
phase of ¥, (¢), and the firing angle of thyristors (a). As a
result, the equivalent circuit of the controlled rectifier in the
DQ frame derived by using DQ modeling method is shown in
Fig. 5.

y, fmd
buas,d

v, limg
bus.q

Fig. 5 The equivalent circuit of controlled rectifier on
DQ frame

Finally, using (5), the cable section can be transformed into
DQ frame [14]. The DQ representation of the cable is then
combined with the controlled rectifier as shown in Fig. 5. As a
result, the equivalent circuit of the power system in Fig.1 can
be represented in the DQ frame as depicted in Fig. 6.The
equivalent circuit in Fig. 6 can be simplified by fixing the
rotating frame on the phase of the switching function (
¢ =¢—a). This results in the circuit as shown in Fig. 7.In

Fig. 7, the three-phase controlled rectifier including the
transmission line on AC side is transformed into the DQ frame
via the DQ modeling method. Notice that the controlled
rectifier can be modeled as the transformer in which it can
provide the time-invariant model. The GSSA modeling
method is then used to eliminate the switching action of the
uncontrolled buck converter. The details how to derive the
dynamic model of the power system as shown in Fig. 7 by
using the GSSA method are given in Section B.
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Fig. 7 The simplified equivalent circuit of the power system
B. GSSA method - differentiation with respect to time:
The GSSA method is an alternative method to eliminate the d( \,) 5
time-varying switching function to achieve a time-invariant Ik :<J> L) (Y> (an
power converter model. The approach uses the time-dependent di dif, X
coefficients of the complex Fourier series as the state
variables. The overview of this approach is as follows. - the convolution relationship:
In general, a periodic waveform with period T can be
represented by the complex Fourier series of the form -
J s 2 (oo =200x (), (12)
Y i k=i
fi= Z (r) (et ) - if 1) is real (real-value periodic waveform),
k=— k .
where @, = 2n/T and(x)k (f) is the complex Fourier (r) k :(r)ﬁ :<x)k (13)

coefficients.
The GSSA approach uses the (x)k (2) of the waveform as

the state variables of the system. These coefficients can be
determined by

(x), (z):'F [ foreetar 10)
t-T

The necessary properties of the (r) , (1) for modeling the

power system using the GSSA technique are as follows:

In (9) and (10), the value of £ depends on the accuracy
level. Theoretically, if k& approaches infinity, the
approximation error approaches zero. If the waveform can be
assumed to have no ripple, it can be set to k = 0 called zero-
order approximation [1]. On the other hand, if the waveform is
similar to a sinusoidal signal, kK can normally be set to -1, I.
This particular case is referred to as the first harmonic
approximation [2].

For deriving the dynamic model of a buck converter using
GSSA method, the switching function of such converter under
the continuous conduction mode (CCM) is firstly defined in
(14).

348
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I, O<r<dT,
U(i)={ : (14)

0, dT,<t<T,

where d is the duty cycle of the switch §; as shown in Fig, 7.

For the buck converter of Fig. 7, when the switch §; is
closed, I-p; = I; and V. = V;,. Otherwise, when the switch S
is opened, Icp;, = 0 and ¥, = 0 by assuming no voltage drop
acrossing diode D,,. Hence, the relationship between I, and
1;, and the relationship between V. and V;, in terms of u(r) are
given by:

{im =u(n)i, (15)
Vie =u(t)Vy,

Applying the KVL and KCL to Fig. 7 with (14) and (15),
the set of time-varying differential equations are given by:

Rey ! 1 J}

W | Ry — =¥ cosdli+
[sd Lﬁ, "m*"”\q Le.qy”"-“d-* ,‘Eq 3 mm\{/ n)
. 1 1
Isq=-wly ‘ﬁ’w‘_"bm +_J:iv e

T Log T Leg T Lo N2

by !
Vbusd =——1_,+awV, -
Cog sd busg \J

, . !
Vbusg =—why, o4+ t_—.iw
€q

. 7 23 A I peus
’d"”\/;'f”m.m*[***+*" S A T
F

de de
L Lic Lac Ldﬂ‘/l L Le

.

!

Ce de
.
=2y Ly

L 9 Lo (16)
2. ! 1
v

ey ——
2= C'LTRC 0

As mentioned before, the switching behavior of the three-
phase rectifier was eliminated by the DQ modeling approach.
However, the time varying function, here is u(¢) in (16), still
occur in the model due to the switch of a buck converter.
Therefore, in the paper the GSSA method is used for
eliminating the switching action of the buck converter to
achieve the time-invariant model. The state-variables of the
model are the Fourier coefficients of L, Iigs Vousts Viusgr Ttes
Vieo 1, and V,. Using the zero-order approximation by
neglecting ripples on the DC waveforms, we can define 8 state
variables:

(Fuo =1

(1) =1

(V,,t)t.:Vnr (]7)
(V“ﬂ>u:V4

{ILie=1,

(V-J« )u =V,

(L)u =1

RIS

Using (10) to obtain the complex Fourier coefficient of the
switching function in (14), the coefficient for the zero-order
approximation can be determined as:

(u),=d (18)

where d is the duty cycle of the buck converter.

Then, applying (11)-(13) to (16) and substituting the
Fourier coefficient of the switching signal as given in (18), the
dynamic model of the system in Fig. 7 using GSSA modeling
method can be expressed in (19).

. Re, 1 1|3
q 7 cod#
I =—=I ;+al,-—TF, +——4[S¥ codi+a
sd Ly sd 5q Leg bus.d Leg 2m { )
. Regq 1 L 43 .
Isg=-wl j——2 10—V,  +— =V sifi+a)
sd LM’ q L{’{[ busg Leq 2m

3 23

— i,
2aCyy

.
!

Vbusd =——1_, +wl) -
Cog sd busq

.
. 1
Vbusg =-w I‘hmd +——1yg
Cw

2
;‘,(:F‘i}p}, - i+l+’7f‘ " ,LV’ +ﬂ]£
s c de
ke Lo tae tae) ™ tae © Tae

,L TLde LYo (19)

Hitherto, the DQ modeling method is first applied to the
power system as shown in Fig. 1 to eliminate the switching
action of the three phase rectifier. The equivalent circuits of
such power system on DQ frame is depicted in Fig. 7. Then,
the GSSA method is used to eliminate the switching behavior
of the buck converter. Finally, the time-invariant dynamic
model of the power system in Fig. 1 is described in (19). This
model can be called the DQ+GSSA model.The DQ+GSSA
model given in (19) can be written in the form of (20).

;( = A(x,u)x + B(x,u)u
y = C(x,u)x + D(x,u)u

20

349




241

World Academy of Science, Engineering and Technology 60 2011

where state variables:
n
7‘=|:14r Lo Viusd Vowsg 1o Vo 11 V.,]

input: u = [Vm], output: y =1, V4 1y Vn]T
and the details of A, B, C, and D are as follows:
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IV. MODEL VALIDATIONS

The DQ+GSSA dynamic model in (20) with the details of
A, B, C, and D is validated by using the simulation in
SimPowerSystem™ (SPS™) of SIMULINK via the exact
topology model as given in Fig. 8. The set of system
parameters for the power system of Fig. 1 is given in Table I.

Fig. 9 shows the I, V., I;, and ¥, waveforms calculated
from the DQ+GSSA model as given in (20) compared with
those from the exact topology model to a step change of the
voltage source from 200 Vs to 220 V., that occurs at r = 0.5
s. The firing angle of three-phase controlled rectifier and the
duty cycle of a buck converter for Fig. 9 are equal to 10
degree and 70%, respectively. Similarly, Fig. 10 — Fig. 14
show the responses for variations in firing angle (10, 20 and
30 degree) and duty cycle (70%, 90%).

L

]
L
I
[
B
.
vilne
0

Fig. 8 The exact topology model of the power system in Fig, 1
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From the comparison results in Fig. 9 - Fig. 14, an excellent
agreement between the proposed model and the exact
topology model as given in Fig. 8 is achieved. It confirms that
the dynamic model of the system in Fig. | derived by the DQ
and GSSA methods provides high accuracies in both transient
and steady-state responses. The reported model can be used to
study the behavior of the whole power system of Fig. 1 and
can be used for the system analysis and design. However, it
should be noted that the proposed model is valid when the
power converters are only operated under the CCM. The
current of L, for CCM operation is depicted in Fig. 15.

[— et ad

Fig. 15 The inductor current of phase a for CCM condition

V. CONCLUSION

In this paper, the DQ and GSSA modeling methods are
presented for modeling a three-phase AC distribution system
with a three-phase controlled rectifier, DC-link filters, and
uncontrolled buck converter connected to the DC bus. The
proposed approach is very useful for modeling the AC
distribution system and also concerning a phase shift between
source bus and AC bus. Moreover, the resulting converter
models can be easily combined with models of other power
elements expressed in terms of synchronously rotating frames
such as generators, front-end converters, and vector-controlled
drives. The simulation results of the exact topology model
show that the reported model can provide high accuracies in
both transient and steady-state response. The resulting model
can then be used for the system analysis and design in the
future work.
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